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BDwbU 14 
mgwe› ỳ †iLv 

 
f~wgKv : 
†h †Kvb ỳBwU we› ỳi ga¨ w`‡q GKwU mij‡iLv A¼b Kiv hvq| hw` ỳBwU mij‡iLv ci¯úi mgvšÍivj bv 
nq Z‡e H †iLvØq Aek¨B †Kvb GKwU we› ỳ‡Z †Q` Ki‡e| wKš‘ ỳB‡qi AwaK‡iLv n‡j Zviv GKB 
we› ỳ‡Z †Q` bvI Ki‡Z cv‡i| ỳB Gi AwaK mij‡iLv GKB we› ỳ‡Z †Q` Ki‡j Zv‡`i‡K mgwe› ỳ †iLv 
ejv nq| eZ©gvb BDwb‡U mgwe› ỳ †iLv m¤úwK©Z Dccv`¨ m¤ú‡K© Av‡jvPbv Kiv n‡e| 
 
cvV 1 mgwe› ỳ †iLv m¤úwK©Z Dccv`¨ 
D‡Ïk¨ : GB cvV †k‡l Avcwb 

• mgwe› ỳ †iLvi msÁv ej‡Z cvi‡eb| 
• mgwe› ỳ †iLv m¤úwK©Z Dccv`¨¸‡jv cÖgvY I cÖ‡qvM Ki‡Z cvi‡eb, 
• cwi‡K› ª̀, j¤̂we› ỳ, AšÍ:†K› ª̀, fi‡K› ª̀ I ewn:†K› ª̀ m¤úwK©Z ej‡Z cvi‡eb| 

 
mgwe› ỳ †iLv 
wZb ev Z‡ZvwaK mij‡iLv GKB we› ỳ‡Z wgwjZ n‡j ev †Q` Ki‡j Zv‡`i‡K mgwe› ỳ mij‡iLv ejv nq| 
†iLv¸‡jv †h we› ỳ‡Z †Q` K‡i ev wgwjZ nq †mB we› ỳ‡K Zv‡`i m¤úvZ we› ỳ (Point of Concurrence)ejv 
nq| 

 
wP‡Î AB, CD, PQ I RS mij‡iLv PviwU O we› ỳ‡Z †Q` K‡i‡Q| myZivs AB, CD, PQ I RS 

mij‡iLv¸‡jv mgwe› ỳ mij‡iLv Ges O Zv‡`i m¤úv` we› ỳ| 



  MwYZ 

wÎ‡KvYwgwZi †gŠwjK aviYv  c„ôv 17 

Dccv`¨ 14.1 
 

†Kvb wÎfz‡Ri evû¸‡jvi j¤̂ wØLÛK wZbwU mgwe› ỳ| 

 
∆ABC-Gi D, E, F h_vµ‡g BC, CA Ges AB Gi ga¨we› ỳ cÖgvY Ki‡Z n‡e †h, D, E I F we› ỳ‡Z 
h_vµ‡g BC, CA I AB Gi Dci j¤^ Gq mgwe› ỳ| 
A¼b : D I E we› ỳ‡Z BC I CA Gi Dci h_vµ‡g DO I OE j¤̂ Uvbyb| Zviv ci¯úi O we› ỳ‡Z 
wgwjZ nj| OF, OA, OB Ges OC †hvM Kiæb| 
cÖgvb : O we› ỳ AB Gi j¤̂ wØLÛ‡Ki Dci Aew ’̄Z| 
∴ AO = BO 

Abyiƒcfv‡e, AO = CO 
myZivs BO = CO 
A_©vr O we› ỳ B I C n‡Z mg ~̀ieZ©x 
Avevi D, BC Gi ga¨we› ỳ| ∴OD Aek¨B BC Gi Dci j¤̂ 

myZivs wÎfz‡Ri evû¸wji j¤̂-wØLÛK wZbwU mgwe› ỳ| 
ª̀óe¨ : GLv‡b O we› ỳwU wÎfz‡Ri kxl©we› ỳ A, B, C †_‡K mg ~̀ieZx©| KviY OA = OB = OC| AZGe O 

†K †K› ª̀ K‡i OA Gi mgvb e¨vmva© wb‡q e„Ë AvK‡j, Zv A, B, C we› ỳ w`‡q hv‡e| GB e„ËwU‡K ∆ABC 
Gi cwie„Ë Ges O †K cwi‡K› ª̀ ejv nq| 



GmGmwm 

BDwbU 14  c„ôv 18 

Dccv`¨ 14.2 
wÎfz‡Ri kxl©we› ỳ mg~n n‡Z wecixZ evû¸‡jvi Dci Aw¼Z j¤̂Îq mgwe› ỳ| 

 
g‡b Kiæb ∆ABC Gi kxl© A, B I C †_‡K BC, CA I AB Gi Dci h_vµ‡g AD, BE I CF j¤̂| 
cÖgvb Ki‡Z n‡e †h, AD, BE I CF mgwe› ỳ| 
A¼b : A, B I C we› ỳ w`‡q BC, CA I AB Gi mgvšÍivj †iLv h_vµ‡g BC, CA I AB A¼b Kiæb| 
†iLv wZbwU ci¯úi wgwjZ n‡j cvIqv hvq| 
cÖgvb : AP ׀׀ BC †h‡nZz Ges BC ׀׀ AC 
∴PACB GKwU mvgvšÍwiK 
∴ AP = BC 
Abyiƒcfv‡e, AQ = BC 

∴ AP = AQ 
A_©vr A, PQ Gi ga¨we› ỳ 
GKBfv‡e †hLvb hvq †h, B, PR Ges C, QR Gi ga¨ 
Avevi PQ ׀׀ BC Ges AD, BC Gi Dci j¤̂ 
∴ AD, PQ Gi j¤^ wØLÛK| 
Abyiƒcfv‡e BE, PR Ges CF, QR Gi j¤̂ wØLÛK 
AZGe AD, BE I CF, ∆ PQR Gi evûÎ‡qi j¤̂ wØLÛK 
∴ Zviv mgwe› ỳ 
gšÍe¨ : G‡ÿ‡Î j¤̂Î‡qi m¤úvZwe› ỳ O ∆ABC Gi j¤̂ we› ỳ ejv nq| ∆DEF †K ∆ABC Gi cv`wÎfzR 
(Pedal Triangle) ejv nq| 
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Dccv`¨ 14.3 
wÎfz‡Ri †Kvb mg~‡ni mgwØLÛKÎq mgwe› ỳ| 

 
g‡bKiæb ABC GKwU wÎfzR| cÖgvb Ki‡Z n‡e †h, ∠A, ∠B Ges ∠C Gi mgwØLÛKÎq mgwe› ỳ| 
A¼b : ∠B I ∠C Gi mgwØLÛK BO I CO AvKzb †hb Zvi O we› ỳ‡Z †Q` K‡i| O we› ỳ †_‡K 
h_vµ‡g BC, CA I Gi Dci OD, OE I OF j¤̂ AvKzb| A,O †hvM Kiæb| 
cÖgvb : BO, ∠B Gi mgwØLÛK| myZivs BO-Gi †h ‡Kvb we› ỳ BC I AB n‡Z mg ~̀ieZx©| 
∴ OD = OF 
Abyiƒcfv‡e, OD = OE 

∴ OE = OF 
AZGe O we› ỳ ∠A Gi mgwØLÛ‡Ki Dci Aew ’̄Z 
A_©vr AO, ∠A Gi mgwØLÛK| 
∴∠A, ∠B I ∠C Gi mgwØLÛK¸‡jv O we› ỳ‡Z wgwjZ n‡q‡Q| A_©vr Zviv mgwe› ỳ| 
ª̀óe¨ : GLv‡b O we› ỳwU AB, BC I OA n‡j mg ~̀i Kx Kvib OD = OE = OF| AZGe O †K †K› ª̀ K‡i 

OD Gi mgvb e¨vmva© wb‡q GKwU e„Ë A¼b Kiv hvq| Z‡e Zv BC, CA I AB †K h_vµ‡g D, E I F 

we› ỳ‡Z ¯úk© Ki‡e| GB e„Ë‡K ∆ABC Gi AšÍe„Ë Ges O †K GB e„‡Ëi AšÍ:†K›`ª ejv nq| 
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Dccv`¨ 14.4 
wÎfz‡Ri ga¨gv¸‡jv mgwe› ỳ 

 
g‡b Kiæb, ABC GKwU wÎfzR| cÖgvY Ki‡Z n‡e †h Zvi ga¨gv mgwe› ỳ| 
aiæb BE I CF ga¨gv ỳBwU ci¯úi O we› ỳ‡Z †Q` K‡i AO †hvM K‡i ewa©Z Kiæb †h Zv BC †K D 

we› ỳ‡Z †Q` Zvn‡j Bnv cÖgvb Kiv n‡e †h D, BC Gi ga¨we› ỳ A_©vr AD ga¨gv| 
A¼b : AD †K P ch©šÍ Ggbfv‡e ewa©Z Kiæb †hb OP = OA B,P I C, P †hvM Kiæb| 
cÖgvY : ∆APC-G O, AP Gi Ges E, AC Gi ga¨we› ỳ| 
∴ OE ׀׀ PC 
A_©vr BE ׀׀ PC 
Abyiƒcfv‡e, CF ׀׀ BP 
myZivs BOCP GKwU mvgvšÍwiK BC I OP Zvi ỳBwU Kb© Ges BC I OP ci¯úi‡K mgwØLwÛZ K‡i| 
∴ D, BC Gi ga¨we› ỳ A_©vr AD ga¨gv 
myZivs wÎfz‡Ri ga¨gvÎq mgwe› ỳ| 

ª̀óe¨ : wP‡Î OD = DP ev OD = 
2

1
OP 

A_©vr OD = 
2

1
OA 

ev 2OD = OA 
ev 2OD + OD = OA+OD 

ev 3OD = AD 

∴ OD = 
3

1
AD 

GLb OD = 
3

1
AD e‡j AO = 

3

2
AD 

Abyiƒcfv‡e, OF = 
3

1
CF Ges OB = 

3

2
BE 

Ges OE = 
3

1
BE Ges OB = 

3

2
BE 

A_©vr wÎfz‡Ri ga¨gvÎq m¤úvZwe› ỳ‡Z 2:1 Abycv‡Z wef³ nq Ges O we› ỳwU‡K wÎfzRwUi fi‡K› ª̀ ejv 
nq| 



  MwYZ 

wÎ‡KvYwgwZi †gŠwjK aviYv  c„ôv 21 

Dccv`¨ 14.5 
wÎfz‡Ri †h †Kvb ỳBwU †Kv‡bi ewnwØ©LÛK Ges Aci‡K mgwØLÛK mgwe› ỳ| 

 
∆ABC Gi BAI BC evû‡K h_vµ‡g P I Q ch©šÍ ewa©Z Kiv n‡q‡Q| cÖgvb Ki‡Z n‡e †h evwnt ’̄ 
∠PAC Ges ∠QCA AšÍt ’̄ ∠ABC Gi mgwØLÛKÎq mgwe› ỳ| 
aiæb ∠PAC I ∠QCA Gi mgwØLÛK h_vµ‡g AO I CO ci¯úi we› ỳ‡Z wgwjZ n‡q‡Q| Zvn‡j Bnv 
cÖgvb Kiv h‡_ó n‡e †h BO, ∠ABC Gi mgwØLÛK| 
A¼b : B, O †hvM Kiæb| BC, CA I AB Gi Dci OD, OE I OF j¤̂ A¼b Kiæb| 
cÖgvb : CO, ∠QCA Gi mgwØLÛK| myZivs CO Gi †h †Kvb we› ỳ BQ I AC n‡Z mg ~̀ieZx©| 
∴ OD = OE 
Abyiƒcfv‡e, AO, ∠PAC Gi mgwØLÛK e‡j OF = OE 
∴ OD = OF 
AZGe O we› ỳ ∠ABC Gi mgwØLÛ‡K Aew ’̄Z 
A_©vr OB, ∠ABC Gi mgwØLÛK| 
AZGe ∠B Gi mgwØLÛK Ges ∠A I ∠C Gi ewnwØLÛK mgwe› ỳ| 
ª̀óe¨ : GLv‡b O n‡Z BC, CA I AB Gi Dci Aw¼Z j¤̂¸‡jv h_vµ‡g OD, OE I OF Ges OD = OE 

= OF | AZGe O †K K‡i OD Gi mgvb e¨vmva© wb‡q e„Ë AvK‡j Zv BC Gi ewa©Zvsk‡K D I F we› ỳ‡Z 
Ges AC †K E we› ỳ‡Z ¯úk© Ki‡e| GB e„ËwU‡K ∆ABC Gi GKwU ewne„Ë Ges O †K GB e„‡Ëi 
ewnt‡K› ª̀ ejv nq| 
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Abykxjbx 14.1 
1| cÖgvb Kiæb †h, wÎfz‡Ri †h †Kvb ỳBwU ga¨gvi †hvM Zvi Z…Zxq ga¨gv n‡Z e„nËi| 
2| cÖgvb Kiæb †h, †Kvb wÎfz‡Ri ỳBwU ga¨gv mgvb n‡j wÎfzRwU mgwØevû n‡e| 
3| cÖgvb Kiæb †h, †Kvb wÎfz‡Ri ga¨gvµq H wÎfz‡Ri wgjb ga¨we› ỳi ms‡hvRK wÎfzRwUiI ga¨gv| 
4| cÖgvb Kiæb †h, †Kvb wÎfz‡Ri fi‡K› ª̀ Ges H wÎfz‡Ri wZb evûi ga¨we› ỳi ms‡hvRK wÎfzRwUi 
fi‡K› ª̀ GKB we› ỳ| 
5| cÖgvb Kiæb †h, mgevû wÎfz‡Ri cwi‡K› ª̀, AšÍ:†K› ª̀, fi‡K› ª̀ I j¤̂we› ỳ GKB we› ỳ n‡Z| 

6| wP‡Î G we› ỳ ∆ABC Gi fi‡K› ª̀| cÖgvb Kiæb †h, ∆ABC = ∆AGB = ∆BGC = 
2

1
∆ABC 

 


